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Abstract - Le us consider G(M) the twistor space of generalized complex struc-
tures on a 2n− dimensional manifold M as the associated bundle with the principal
fibre bundle of frames of TM ⊕ T ∗M, with structure group SO(2n, 2n) and stan-
dard fibre the homogeneous space SO(2n, 2n)/U(n, n). Considering the compact
Kähler manifold M as a submanifold its generalized twistor space G(M) the lower
bounds estimation of eigenvalues of twisted Dirac operator is considered.
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1 Introduction

In the first part of this paper, we define the twistor space G(M) of gen-
eralized complex structures of a real 2n−dimensional smooth manifold M .
Recently J. Davidov, O. Mushkarov have defined the twistor space G(M) of
generalized complex structures on M following the general schema of twistor
construction [6]: this is the associated bundle G(M) = GL(M) ×GL(2n,R)

G(R2n), where GL(M) denotes the principal bundle of linear frames on M
and G(R2n) is the set of generalized complex structures on the vector space
R2n, inducing the canonical orientation on R2n ⊕R2n∗. We adopt an other
definition, which is more useful for our purpose.

For the twistor space Z(M) of a Riemannian manifold M, using the
properties of Stiefel-Whitney characteristic classes [15], it proves that if M
admits a spin structure, then its twistor space Z(M) also admits a spin
structure. Moreover, if dimM = 4k, k ∈ N,k ≥ 1, then Z(M) admits a
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